It is proved that there exist systems of generalized primes in which the asymptotic distribution of integers is N(x) = Ax + 0(x ■ Iog~y x) with A>0 and y 6 [0, 1) and in which the Chebyshev inequalities
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Beurling [2] proved that if with A >0 and y >f, then the prime number theorem holds for the system, that is, 7r(x)~x/log x. He also showed, essentially, that there exist systems for which (1) holds with y=f and in which the theorem is not true. A summary of results and conjectures about systems of generalized primes is given in the recent work of Bateman and Diamond [1] . It is easy to show (as was done by the author in [3] ) that if N(x)= Ax+o(x), then . 7r(x)log x 7r(x)log x This completes the proof.
A slightly more complicated argument shows that (ii) and (iii) can hold for systems in which /V*(x)=^x+0(x/g(x)) provided g(x)=o(log x).
Details may be found in [3] .
